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Nhifng nghien eifu li ludn ve 
phuong phdp d q y hgc 
(PPDH) bd mdn Todn trong 

giai dogn hien nay tdp trung chu 
yeu vdo hudng khai thdc cdc PPDH 
nhdm tdng cudng tinh chu ddng, 
sdng tga ciio ngudi hgc; nghien 
ciiu khoi thdc nhifng uu diem cua 
cdc PPDH vd cdc phuong thifc td 
chife dqy hgc sao cho chu the nhdn 
thifc mdt cdch Kr gidc, tich cue vd sdng tgo. Neu chung tdi, cdc HD thdnh phdn ciio HD nhdn thtic 
xet rieng cdc li thuye't dqy hgc hien dgi, cdc PPDH trong dqy hgc Todn bao gdm: 
mdi cd nhifng ddc thu, chua dung nhifng phqm 1) HD dieu ung: Id HD d i ln ra khi vd'n tri thiic 

trii li ludn trifu tugng; khd vdn dyng vdo thuc t i ln dd cd cua chu the chua tuong hgp vdi mdi trudng 
dqy hgc d nude to. Vi vdy, viec nghien ciiu khoi tri thifc mdi cdn nhdn thirc, khi so dd nhdn thuc 
thdc nhifng h; hrdng chung nhd't trong cdc li thuye't ^^ cd vd tri thirc mdi khdng tuong thich. Khi dd, 
vd cdc PPDH tich cue nhdm van dyng ed tinh khd H D dieu ting nhdm too ldp so do nhdn thirc khde 
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thi vdo dqy hgc Todn Id vd'n de cd tinh thie't thuc, 
cd y nghlo quan trgng trong viec ddo tgo vd bdi 
dudng gido vien (GV) todn hien nay. 

Bdi viet trinh bdy cdch tiep cdn he thdng cdc 
PPDH tich cue vd cdc li thuyet dgy hgc thdng qua 
nghien eiiu, khoi thdc cdc dqng hoqt ddng (HD) 
nhdn thife ehu yeu trong dgy hgc Todn vd cdc 
loqi hinh tri thifc djnh hudng, dieu chinh cdc HD 
nhdn thiic cuo ngudi hgc. 

1. Cdc dang HD nhan thiic Todn hoc chu 
he • 

de tiep nhdn tri thiic mdi, tgo su cdn bdng mdi. 
HD dieu ifng duge bieu hien qua HD tri tue, 

HD todn hoc, cdu true Iqi kien thiic dd cd hodc 
bde bd chung, Idm thay ddi edu true d i ln djeh de 
phi) hgp vdi kieri thifc mdi, tgo ldp budc thich 
nghi mdi. 

Vi du: Khi gidi bdi todn: «Tim the tich eua ti i 
dien ABCD, cd AB = CD = a; AC = BD = b; AD = 
BC = c", thue nghiem dgy hgc 
Todn d trudng phd thdng cho yeu cua tigc sinh (HS) 

Phdn tich cdc eo sd tdm li, triet hgc, li ludn dqy l̂̂ d'y HS gdp chudng ngqi 
hgc vd phuong phdp ludn nhdn thirc todn hgc cd sou: HS khdng xdc djnh dugc 
the duo ra cdc dgng HD nhdn thifc todn hgc theo vj tri chdn dudng cao ve tif 
so dd bien chimg sou ddy (xem so do). mdt dinh ndo dd cua tii dien, 

HD nhdn thirc cuo ngudi hge chi ndy sinh khi chdn dudng coo khdng thudc 
hg dung trudc ede nhiem vy nhdn thife, khi hg diem ndo dd biet. Tif dd, HS 
cdn phdi vugt qua nhifng mdu thudn, chudng ngqi 
nhdn thife. Viee phdt hien cdc mdu thudn dd dua 
tren cdc tri thife dd ed vd logic khoa hgc (logic 
hinh thifc, logic bien chifng, logic todn). Theo 
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khdng tinh dugc do ddi dudng coo cuo tii dien 
theo a, b, c. 
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Viec khde phye chudng nggi dd nhd sii dyng 
cdc tri thiic ve md'i lien he giua tif dien vd hinh 
hop; hinh hop cd the dugc xdy dung hi tif dien 
bdng cdch quo cdc cdp cqnh ddi, dung cdc cap 
mat phdng song song Idn lugt chifa cdc cgnh ddi 
dd; khi dd bo cdp mdt phdng song song ndi tren 
cuo tif dien cdt nhau tqo thdnh hinh hop ngoqi 
tiep tif dien. Xem xet mdi quan he nhdn qud ndi 
tren dd thuc ddy cdc HD bie'n ddi ddi h/gng, HD 
dieu ling de cdu true Iqi bdi todn: tinh mdt phdn 
the tich cuo hinh hop chif nhdt cd cdc kich thudc 
MA = x; MD = y; MC = z. Khi dd, the tich tif dien 
bdng tich hinh hop trir di tdng the tich 4 hinh 
chdp cd gde tom dien d dinh vudng vd cd the tich 
bdng nhau. 

Tif dd v^co=^--^ = -:^^. Oddy X, y, z dugc 

tinh theo a, b, c tir he phuong h-inh 

x' + y': 

y' + z^=c' 

Tdi ddy HS sii dyng cdc kien thuc dd cd de h'nh V^^p. 
2) HD bien ddi ddi tugng. HD ndy the hien 

trong tien trinh chii the tu duy Idm bgc Id ddi 
tugng ciio HD (cdc khdi niem todn hgc, cdc 
quy luqt ve md'i lien he giCia cdc ddi tugng 
todn hgc, cdc quan he gii ia chiing). Chiing to 
hieu HD ddi tugng Id HD tri tue cua chu the 
nhdn thiic nhdm bien ddi cdu true, ngi dung 
vd hinh thiic cuo ddi tugng, sao cho cdc tri 
thiic mdi tuong thich vdi cdc tri thiic dd cd; tif 
chu the xdm nhdp vdo ddi tugng, hieu vd gidi 
thich chung, van dyng chiing vdi tu cdch Id sdn 
phdm ciia HD nhdn thifc. 

Vi du: Tim quy tich nhifng 
diem M trong z^BC soo cho 
tdng dien tich cdc A M A B vd 
MAC bdng mdt niio dien tich 
cuo AMBC. 

Khi HS tiep egn vdi bdi 
todn ndy, ban ddu ddi tugng 
cdn xo Ig ddi vdi chii the HS vi kien thiic dd cd 
ctjo hg chua gdn ket vdi edi mdi, ddi tugng liic 
dd chua bgc Id. Quo qud trinh bien ddi, dqt S,, 
Sj, S3, S Idn lugt Id dien tich cuo cdc tom gidc 
MBC, MCA, MAB, ABC, ta cd cdc mdi lien he: 

5^ + 53: o S, + S,+S,=-S, «• S,=-S 
2 ' ' ' ' 2 ' 3 

Bien ddi he thifc lien he cudi cung Idm bgc Id 
ddi tugng, hi dd HS cd the dimg kien thiic dd cd 

de gidi quyet bdi todn tren vd duo ro phuong 
phdp gidi tdng qudt eho dqng todn ndy. 

3) HD phdt hien. HD phdt hien trong dqy hgc 
Todn d trudng phd thdng Id HD tri tue cua HS 
dugc dieu chinh bdi nen tdng tri thirc dd tich luy 
thdng quo cdc HD khdo sdt, tuong tdc vdi cdc 
tinh hud'ng de phdt hien tri thiic mdi. 

Vi du: De phdt hien djnh li Viet ve tam thifc 
bde hai, cd the tqo tinh hud'ng nhdn thifc sou ddy: 
Khdng gidi phuong trinh bde hai, hdy tim tdng 
vd tich cdc nghiem cuo cdc phuong trinh sou: 
a) x^ - 9x -1- 20 = 0 (*); b) 2x2 - 5x - 3 = 0 (**) 

Vdi gid thie't x,, x^ Id hoi nghiem cuo phuong 
tr inh (*), g id sii nghiem x, > Xj, to dugc 

;cf -xl =9xi - 2 0 - 9 x 2 -l-20<=>X| H-JCJ = 9 . 

Tif he thifc x^ + xl = (x^ -1- ATJ )̂  - Ix^x^ = 

9(x,+x^)-40<:>x,x^=20 " 

Tuong h/, HS tim dugc tdng vd tich hoi nghiem 
cua phuong h-inh (**). Ddc biet hod yeu cdu, HS 
xet phuong frinh cd nghiem kep. Tir dd, nhd HD so 
sdnh, phdn tich, tdng hgp HS de xudt dugc menh 
de tdng qudt ve tdng vd tich hai nghiem. 

Trong HD phdt hien neu tren, ddi hdi phdi 
tien hdnh HD bien ddi ddi tugng tren co sd ede tri 
thifc dd cd ciio HS. 

4) HD md hinh hda: Id HD nhdn thiic cdc Idp 
ddi tugng, hien tugng qud trinh trong ndi bg 
mdn Todn hoy trong thuc t i ln thdng quo viec 
md td gidi thich chung bdng cdch sii dyng ki 
hieu vd ngdn ngif todn hgc. HD md hinh hda 
bao gdm cdc HD thdnh phdn co bdn nhu: so 
sdnh; phdn tich; tdng hgp; trifu tugng hdo khdi 
qudt; trifu tugng hdo ddng nhdt; li tudng hdo. 

Vi du: Cd the md td Idp torn gidc nhgn ABC 
bdng cdc md hinh sou: 

- Tom gide ABC cd: cosA>0, cosB>0, cosC>0. 
- Tam gidc ABC cd fruc tdm H thudc mien trong 

Clio nd. 
- Tom gidc ABC cd cos A.cos B.cos C>0. 
- Tam gidc ABC cd cdc cgnh thda mdn: 

a'<b'+c' 

b'<a'+c' • 

c'<a'+b' 

- Tom gidc ABC thdo mdn: tonA.tonB.tonC > 0. 
Tiiy theo cdc dgng todn nhdn dgng tom gidc 

cd gid thie't lien quan de'n ye'u td cqnh hoy gde, 
cd the chgn md hinh ndy hay md hinh khde de 
ldp ludn chifng minh. 
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2. Cdc h-i thifc dieu chinh HD nhgn thi/c 
Todn hgc 

Theo Nguyin Bd Kim (1), tri thiic, ddc biet Id 
tri thiic phuong phdp vira Id dieu kien viio Id 
myc dich ciia HD. 

Theo cdc quan diem ciio C. Mdc; Ph. Anghen 
vd ket qud nghien ciiu tdm li cua L X. Vygotski; 
X. L Rubinstein; M. Alecxeep cho thdy: Qud trinh 
tu duy phu hgp vdi nhung su kien dd tich luy 
dugc. Con ngudi trd thdnh chu the ciio tu duy vdi 
dieu kien hg ndm dugc cdc khdi niem, ngdn ngif, 
logic hgc; chung Id sdn phdm cuo su phdn dnh 
khdi qudt kinh nghiem ciia thuc t i ln xd hdi. Hg 
nhdn mgnh tri thiic vifa tham gio vdo qud trinh tu 
duy vifa Id sdn phdm cuo \u duy. 

HO nhdn thifc todn hgc khdng the tdch khdi 
HD tu duy ndi chung, ddc biet Id \u duy todn hgc, 
tu duy bien chiing, tu duy phe phdn. Khoi thdc 
cdc loqi hinh \r\ thiic cdt ldi cd vai trd dinh hudng 
cho tri thifc phuong phdp tim dodn vd dieu chinh 
cdc dgng HD nhdn thiic cua HS trong tien trinh 
dgy hgc Todn, chung tdi duo ra cdc loqi hinh tri 
thiic sou: 

1) Tri thuc thudc phqm tru triet hoc duy vdt 
bien chung. Nhifng tri thifc ve phep bien chiing 
duy vgt dugc vgn dyng trong dgy hgc Todn chu 
yeu djnh hudng cho cdc HO tim tdi, phdt hien 
tri thiic mdi, md rdng kien thiic. Nhung tri thiic 
dien hinh thuc ddy tien trinh HO nhdn thiic todn 
hgc bao gdm: - Tri thiic ve mdi lien he nhieu 
mat vd mdi lien he qua Iqi giua cdc ddi tugng, 
cdc quan he, cdc quy luqt Todn hgc; - Tri thiic 
ve md'i lien he nhdn qud cua cdc ddi tugng, 
cdc quan he, cdc quy luqt trong dqy hgc Todn; 
- Tri thiic ve mdi quan he giifa edi chung vd 
edi rieng the hien trong HO tim tdi phdt hien 
kien thiic mdi; - Tri thiic ve md'i quan he giifa 
ngi dung vd hinh thiic vgn dyng trong nghien 
ciiu Todn; - Tri thiic ve qud trinh vdn ddng, 
phdt trien, trong dd mdu thudn Id dgng lue chii 
yeu, giup phdt hien cdc ddi tugng ciio HO nhdn 
thiic, phdt hien cdc chudng ngqi de tqo cdc 
tinh hudng, cdc mdi trudng cd dyng y dqy hgc 
cdc kien thiic. 

Vi du: Khi viet phuong trinh tdng qudt cua 
dudng thdng trong mat phdng di quo 2 diem 
A ( 1 ; 2); B (2; 5), SV da tie'n hdnh nhu sou: 
phuong trinh tdng qudt cua dudng thdng cd dqng 
ax -H py + c = 0, dudng thdng di qua diem A vd 
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ia + 2p + c = 0 
B nen a, P, c Id nghiem cuo he Ua + Sfi+c^O '^'• 

De'n ddy SV gap chudng ngqi gdy nen do xung 
dot kie'n thiie giira hinh hge vd dgi sd. Trong dgi 
so, he 2 phuong trinh ed 3 dn cd vd sd nghiem, 
lue dd trong hinh hgc chi cd mdt nghiem duy nhdt 
vi dudng thdng quo 2 diem Id duy nhd't. SV khde 
chgn c = 1 de khde phye khd khdn tren nhung 
cung sai Idm vi c khdng phdi ludn khde 0. 

Phdt hien vd gidi quyet mdu thudn ndy, cdn 

hudng SV khdo sdt, cdu true Iqi tri thiic dd cd vd 

HD ldp ludn cdc veeto OA; OB khdng cdng tuyen. 

vi phuong hinh OA = XOB<^\ ^ vd nghiem. Tif 
[5^ = 2 

dd, dudng thdng AB khdng di qua gde tgo do O 
vd suy ro c 5t 0. 

Vdy he phuong trinh (1) tuong tuong vdi he 

1+2^+1 = 0 . HO bien ddi ddi tugng, HO dieu 

c c 

ifng ddn tdi SV thich nghi vdi phuong phdp mdi, 
quy trinh mdi vd lap phuong trinh tdng qudt cuo 
dudng thdng quo hai diem. 

2) Tri thuc ve tdm li hgc lien tudng. Nhifng tri 
thiic ve tdm li hgc lien tudng cdn bdi dudng cho 
SV de chudn bj td't cho hg tiem ndng dgy hgc 
theo quan diem phdt hien, chudn bj cho hg khd 
ndng dieu khien cdc HD cuo HS khdm phd, phdt 
hien tri thiic mdi trong qud trinh dqy hgc Todn d 
trudng pho thdng. 

Viec dqy hgc hudng vdo su phdt hien, khdm 
phd edi mdi ddi hdi nhiing tri thiic ve tdm li hgc 
lien tudng sou: - Tri thiic ve viec chuyen hdo cdc 
lien he, quan he, quy luqt hi ddi h/gng ndy song 
ddi tugng khde de phdt hien edi mdi duo tren tu 
tudng cdc quy lugt tuong egn; - Tri thtic ve cdc 
phuong phdp phdt hien cdch gidi quyet vdn de 
dua tren quy luqt nhdn qud. 

Vidu: Khi yeu cdu HS gidi he phuong trinh: 

v + y + z ' = 3 (1) 
•x'+y^+z'=3 (2) 

j c ' + / + z ' = 3 (3) 

Nhieu HS chi quan tdm sii dyng phuong phdp 
ddnh gid vd gap khd khdn, chudng ngqi de thuc 
hien ddnh gid ve phuong trinh bo dri. So it HS 
biet nhdn xet: phuong trinh (1) Id binh phuong 



vd hudng ciio veeto " = (^^>'^z^) vd |M| = ^/3. 

Ddng thtic (3) Id binh phuong vd hudng cua veeto 

w = {x\y\z')vd PI = ̂ /3 • Ddng thifc (2) chinh Id 

tich vd hudng u.w. Tir dd, nhd cdc tri thifc ve veeto, 
HS cd the phdt hien ldi gidi bdi todn tren nhd khd 
ndng lien tudng. 

3) Tri thwc ve thich nghi tri tue cua J. Piaget vd 
quan diem HD. Theo ede quan diem tren, thich 
nghi tri tue gdn vdi HD ddng hdo, HD dieu irng 
vd gdn vdi cdc dqng HD tri tue khde ciio HS. SV 
cdc trudng su phqm edn nhdn thiie qud trinh thich 
nghi tri tue gdn vdi sy phdt trien tri tue. Vi vdy, 
de dqy HS thich nghi tri tue cdn chu trgng phdt 
trien ndng lue HD dieu ifng, chi cd ke't qud cuo 
HD dieu ifng mdi cd su phdt trien tri tue cuo HS, 
mdi cd the bien ddi so dd nhdn thifc dd cd thdnh 
so dd nhdn thifc mdi. 

Theo tdm li hgc HO, thich nghi tri tue bieu 
hien khd ndng chuyen hdo chife ndng tdm li 
ben ngodi vdo ben trong thdng quo cdng cu ki 
hieu vdi tu cdch Id cdng cy tdm li thdng quo 
HD hgp tdc giua cdc chu the nhdn thiic. Nhdn 
thiic nhung dieu ndi tren nhdm djnh hudng cho 
SV todn, GV todn cdch xdy dung cdc tinh hud'ng 
hgc tgp bdng thich nghi, cdch td chiic dgy hgc 
tuong tde. 

4) Cdc tri thwc ve phwong phdp ludn nhan 
thuc todn hgc. Nhifng tri thiic thudc phgm trii 
ndy nhdm djnh hudng cho GV dieu khien HD 
nhdn thiic ciio HS, xdc djnh ngudn gde ciia kien 
thiic, ifng dyng cdc kien thifc todn vdo thuc tien; 
nhung tri thiic ve phuong phdp ludn nhdn thiic 

todn hge se Idm sdng td cdc HO md hinh hda 
gdn vdi cdc HD tri tue. 

Viec nghien ciru, de xudt cdc HD nhdn thife 
thdnh phdn trong cdc li thuye't vd cdc PPDH tich 
cue cung nhu xdc djnh dugc cdc tri thifc cdt ldi; 
nhdm djnh hudng, dieu chinh cdc HD ndi tren 
gdp phdn giup SV todn, GV todn cd khd ndng 
tie'p cdn he thd'ng vdi cdc PPDH tich cue, ddng 
thdi gdp phdn ndng eao hieu qud bdi dudng GV 
todn vd djnh hudng ndi dung tu bdi dudng tri 
thirc PPDH hien nay. • ' 
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Sir dung phirong phap... 
(Tiep theo trang 52) 

2) Xd hdi lodi ngudi cd tu bao gid? 3) Xd hdi 
lodi ngudi trdi qua nhifng giai doqn phdt trien 
ndo? 4) Quan diem cho rdng Thdn linh quyet 
djnh mgi su tie'n hod xd hdi, dung hoy soi? 
5) Yeu td chu yeu ndo tgo nen su phdt trien cuo 
xd hdi? 6) Vi sao xd hdi Id mgt bd phdn ddc thu 
Clio gidi tu nhien? 

Tdm Iqi: Khi DH phdn Cdng ddn vol viec hinh 
thdnh TGQ, PPL khoa hgc, vdi nhifng uu the vugt 
trdi, PPDT dd khdng djnh dugc tinh uu viet ciia 
nd trong viee phdt huy tinh tich cue ciio ngudi 
hgc, qua dd ndng coo chdt lugng DH bd mdn 

eung nhu hodn thdnh myc tieu gido dye, gido 
dudng vd phdt trien tri tue. • 
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